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Abstract: The paper presents a numerical analysis
of time belt drive. The finite element method (FEM)
is applied for calculation of elements in this paper,
timing belt and belt pulley at different load ranges.
The subject of the analysis in this paper is the
impact of pre-tensioning on load distribution at
timing belt drive. The impact analysis of the pre-
tensioning of timing belt is conducted for real timing
belt drive. The timing belt drive is exposed to
different values of the force of the pre-tensioning,
and the results of the analysis of the timing belt
drive indicate the change of the stresses in the
operating conditions of the transmitter, and where
the critical points are. The software package
Autodesk Inventor Professional is used in analysis.

Keywords: timing belt drives, the finite element
method, simulation, stress, friction

1. INTRODUCTION

The defining of the load distribution among the belt
teeth when come in mesh with the belt pulley is of
great importance for examination of timing belt
drives. At the very beginning, the belt tooth was
modeled, and the first model of time belt was given
by Gerbert (1978), when for the first time was

introduced the friction force in the analysis of load
distribution [1]. Later on are presented the results on
life-time of the belt and its dependence on the load,
and the defining and explanation of the noise at
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power transmission, the causes of belt damage etc.
In the past twenty years, the studies are aimed at
simulation of the behavior of timing belt during the
coupling with belt pulley and the analysis of the
condition encountered. When belt is contacting belt
pulley the teeth are exposed to a certain load [2].

Load distribution depends solely on the contacts,
that is, elastic and friction properties of the belt, and
is therefore in the construction of the belt
transmitters very important to know the distribution
of the load on the teeth.
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Timing belt drives operate with small pre-
tensioning, and examinations show that pre-
tensioning is needed to overcome the resistance of
bending of the belt, to compensate radial
components of the resulting forces in the coupling
and the resulting centrifugal force [3]. Load
distribution is most commonly analyzed using Finite
Element Method (FEM), which utilizes the 2D
models of time belt transmitters. When analyzing the
load of the timing belt drives, a number of
assumptions are introduced, that is, simplifications
for easier obtaining of the results.

2. TESTING OF THE TIMING BELT DRIVES

In the paper during the analysis is used timing belt
with belt pulley, which is the part of the device for
testing of mechanical properties of timing belt drives
[4-12]. The subject of the analysis in the paper is
timing belt drive marked with position 6 on the Fig.
1.

P /i
Figure 1. Test bench for testing of timing belts

The integral parts of testing device are: 1- Driving
unit; 2- Cardan transmitter; 3- input shaft; 4- sensor
for input shaft number of rotation; 5- torque sensor
on input shaft; 6- analyzed timing belt ; 7- output
shaft; 8- mechanical brake; 9- tension mechanism
and 10- signal amplifier.

The basic problem in the analysis of the timing belts
is the extremely complex kinematic analysis [13].
The complexity of the analysis arises primarily from
the impact of the large number of parameters in the
coupling. The belt tooth enters the coupling drive
belt pulley maximally strained because of the force
of pre-tensioning. During the coupling the top of the
belt tooth makes contact with the side surface of the
belt pulley tooth, and at the given moment comes to
contact at line [7,8,12].

Due to interference, the belt tooth penetrates into the
side surface of the belt pulley tooth, and regarding

the elastic properties of the belt and significantly
greater rigidity of the belt pulley, the deformation of
belt teeth occurs. The deformation of belt tooth
increases with the increase of the contact surface of
the belt and belt pulley [9,10]. The contact point
between belt teeth and belt pulley teeth moves from
the top of belt pulley tooth to its root, followed by
the complete overlap of side surfaces of the teeth.
The process the belt teeth meshing with the belt
pulley is followed by relative sliding of its side
surfaces with the occurrence of friction force [14-
15].

3.FRICTION IN TIMING BELT DRIVES

The largest amount of motion and power is
transferred by shape, while only a small amount is
transferred by friction. The influence of friction
must not, by all means, be neglected. Appearance of
friction in timing belt drives and its consequences
have not been thoroughly explained. In contrast to
other transmissions of power and motion (gears,
chain drives, cardanic transmissions, etc.) in which
friction mostly occurs in the contact of the two metal
surfaces, in timing belt drives, there are metal and
non-metal surface or the two non-metal surfaces in
the contact.

The basic tribomechanical systems in the timing belt
drives are (Fig. 2) [9-12]:

e Dbelt’s tooth — belt pulley’s tooth (position 1
at Fig.2.)

e Dbelt’s face — flange (position 2 at Fig.2.)

e the belt groove — apex of the belt pulley’s
tooth (position 2 at Fig.2.).

Types of motion that occur in these tribomechanical
systems are given in Table 1.

Table 1. Tribomechanical systems and types of
motion in timing belt drives (Ref. 8)

Tribomechanical system Type of motion

- impact
belt’s tooth — belt pulley’s -
tooth - sliding

- rolling

- impact
belt’s face - flange o

- sliding
the belt groove — apex of the - sliding
belt pulley’s tooth - rolling
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Figure 2. Tribomechanical systems in timing belt
drives

The occurrence of friction at timing belt transmitters
as well as their consequences have not yet been
clarified, and the complex friction theory makes the
examination of these resistances more difficult, and
for analysis the most commonly is used the model
with springs. The basic model with strings is used
for interaction between the belt and belt pulley
primarily because it is much simpler testing than the
testing with finite elements method [16].

4. ANALYTICAL MODEL OF TIMING BELT

In the analysis of the timing belt transmitter, Fig.3,
the first tooth meshing with the belt pulley is
denoted asi =1. Due to the increase in the angle of
rotation, moving to the next position, belt tooth
obtains increasing number until the last tooth in the
coupling, when it is denoted asi =n.

Figure 3. Belt meshing with belt pulley

Tension of the belt due to the load transmission
changes from F, to F,, that is, tension in tractive

and free section. Forces on the timing belt and
driving pulley, which occur during the meshing, as
well as the resistances i.e., friction forces, are
presented on Fig.4. The procedure of belt teeth
meshing with belt pulley is relatively complex and is
carried out through several steps. The side of the belt

tooth i from the Fig.3 is influenced by the force F .
Force F; has a significant impact on the load
distribution; it is balanced by the forces F,’, and
F,, and these forces intersect at the point S (Fig.4).
Force F4 is calculated as:

FB = Fi - Fiil (1)
where: F, - force on belt tooth i ;

F.", - force on the tooth of i—1 belt pulley.

Figure 4. Forces and resistances on the belt and driving pulley due to meshing
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Because of the contact of belt inter-teeth and belt
pulley tooth top land, the friction force, which can
be calculated in the following way, is introduced:

Fe = Fi* -F )
where: F;” - tension force of belt teeth i ;

F, - tension force.

An extensive force transmitted by belt tooth i
according to expressions (1) and (2) can be
expressed as [17]:

Fr=F; +Fg 3)

Based on the identified typical places where
resistances occur at meshing, for the purpose of
explanation of load distribution the corresponding
model with springs is formed [18]. In the previous
part of the paper are mentioned two friction forces,
and in such way are also positioned the springs on
those typical places where resistances when moving
will occur.

The simplified model of the transmitter elements,
with placed springs on the places of the belt and belt
pulley contacts is presented on the Fig.5

Figure 5. Basic model of the belt with belt pulley

It is important to mention that the belt pulley is
significantly more rigid compared to timing belt, and
due to the contact the large deformations of the belt
occur. For the mode presented on Fig.4, the
equilibrium equations are established. Equilibrium
equations are very complex for calculation, therefore
is necessary to adopt certain simplifications in order
to obtain results. Therefore, if it is adopted that

angles «, and a,are known, the defining of

remaining geometry in the model of transmitter is
significantly simplified as well as the further
calculation.

Resolving of the equilibrium equations leads to the
values of radial, normal forces and tangential normal
forces on the tooth. The rigidity of the springs is
known, and on the basis of their deformation, that is,
displacements that occur at the contact of the belt
and belt pulley it is possible to determine the friction
forces on the points of the contact [18-19].

Depending on the point of the contact, the friction
defines in the following way:

* Friction in the contact of the belt inter-
teeth and belt pulley top land

FtT = At : Kt (4)

where: A, - deformation at the contact of belt inter-
teeth and belt pulley top land,

K, - the rigidity of the spring at the contact of the
belt inter-teeth and belt pulley top land.

= Friction in the contact of the sides of belt
teeth and belt pulley teeth

Fe =4, K, ®)

where: A, - is deformation due to the contact of the
sides of the tooth,
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K, - the rigidity of the spring on the sides of the belt
teeth and belt pulley.

Along the envelope angle, the direction and intensity
of the friction force change. The entire explanation
that was given applies for drive belt pulley, while at
driven belt pulley applies the opposite.

5. THE TIMING BELT NUMERICAL MODEL

In the modern approach to projecting, the use of
simulation at the different levels of the projecting
process can verify the function in the real conditions,
the tension of the parts and ability of carrying the
load. In recent years, modern software packages
provide us with an opportunity to perform all those
calculations on the different types of load fast and
easy. For calculation and analysis of timing belt
transmitter in this paper, at different values of the
load, the finite elements method applies. The
analysis of the impact of pre-tensioning on the load
distribution at timing belts in this paper is analyzed
in this paper by MKE integrated in 3D software
package Autodesk Inventor. The analysis of the
impact of pre-tensioning is performed for real timing
belt drive, presented on Fig.1 [20,21].

The complete profile of the timing belt with belt
pulley which is used in the analysis has been
modeled and analyzed in 3D. Figure 6 presents the
examination model of timing belt drive with the
network of finite elements.

Figure 6. The network of finite elements on the
timing belt drive

Spatial finite elements are used for the network.
Steel is used as a material for belt pulleys, and for
the belt, since it doesn’t contain tractive element, the
hard rubber is used.

Properties of the materials of the belt and belt pulley
are presented in the Table 2.

Table 2. Basic properties of the material

Material Young PO'S.SO.H S
module coefficient.
Steel (belt 210 GPa 0.3
pulley)
Hard
rubber 10GPa 0,3
(belt)
6. EXPERIMENT
How the pre-tensioning impacts the tension

distribution shall be presented in the continuation of
the paper. Namely, timing belt exposes to different
values of the force of the pre-tensioning, and
working environment of the Autodesk Inventor
requires assigning of boundary conditions, that is,
assigning of the load.

Values of basic parameter in operating conditions of
timing belt drive are the number of revolutions of

input shaft which is n, =1400 min ", while the
torque on the input shaftis M, = 7,504 Nm.

Basic technical data of timing belt drive are
presented in Table 3.

Table 3. Basic technical data of timing belt drive

Parameter Value

Number of teeth of drive belt B
z,=21

pulley !

Number of teeth of driven belt 7, =42

pulley

Number of belt teeth z, =112

Designation of the belt L

Belt step h=9,525 [mm]

Width of the belt b =19,050 [mm]

Profile angle of the belt £ =40°

On the drive pulley which is during the operating
conditions exposed to the impact of the torque

M, =7,504 Nm, is necessary to fix the movements

along the tangential direction, as well as the radial
movement of the belt pulley.
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Driven pulley is exposed to pre-tensioning, that is, to
tension along X movement in every other direction.
For the examination of the impact of the pre-
tensioning on the load distribution in timing belt, the
values of the tension forces are in the interval from
F=500N to F=2000N.

Software package enables the defining of contact
between the meshing teeth, and in the analysis the
contact type Separation is used, where it involves
the contact of contacting surfaces of the belt and belt
pulley and their separation.

7. THE ANALYSIS OF THE RESULTS

Due to the action of the force of pre-tensioning, the
tension condition of the belt changes in regard to the
tension force. Load distribution in the belt is much
more uniformed due to the increase of the force of
the pre-tensioning, which can be seen on Fig.7 and 8
[20,21].

Type: Von Mises Stress
Unit: MPa

S 22.8 Max
18.24
13.68
9.12
456
0 MN

Figure 7. Load distribution at F =500 N

Type: Von Mises Stress
Unit: MPa

59.28 Max

47 .43

2372

11.87

0.02 Mn

Figure 8. Load distribution at F =1000 N

From the Fig.6 and 7 it can be seen that tension
condition of the timing belt along polygonal profile
of the driving pulley, due to the force of the pre-
tensioning, is much more convenient at
F =1000 N compared with the case when is

F =500 N . The presence of the force leads to a

better meshing of belt teeth and belt pulley, a larger
number of teeth participates in the transmission of
the torque which leads to more uniform distribution
of the load along the belt.

The attention should be paid to the value of the force
of the pre-tensioning; it must not be too large since it
would impact the overlarge overloading of EM, that
is, the increase of pressure at contact points of the
belt teeth and belt pulley, which certainly leads to
damaging of the timing belt.

With the increasing of the pre-tensioning force the
voltages on the teeth of the belt in mesh also
increase.

The change of tension on the teeth of the belt in
mesh due to the pre-tensioning force is presented on
the diagram in Fig.9.
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The impact of pre-tensioning force on load distribution
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Figure 9. Load distribution on teeth in mesh due to the pre-tensioning force

From the diagram in the Fig. 9 can be seen that with
the increasing of the value of pre-tensioning force
the tensions on the belt teeth also increase. The
results of the analysis due to the presence of the pre-
tensioning force explain that the increases and
decreases of the tension occur always on the same
teeth. The first two teeth in mesh are the most
overloaded and the value of the tension decrease as
the belt moves from the tractive to free section.

8. CONCLUSION

Defining of load distribution at teeth in mesh is of
great importance for the analysis of timing belt
drives.
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Editor’s note

Dear readers,

A journal Technical Diagnostics this year wants
to reach a higher level of categorization of
scientific journals, because we will only be
publishing peer-reviewed papers in English and
Serbian.

Dear readers of journal Technical Diagnostics,
of this issue we are introducing innovation that
our authors give us their consent for the
publication of their work. This we want to
avoid misunderstandings any other
dishonest activities that have been done in the
past, and which violated copyrights. The
severity of the editorial board does not allow
damaging the reputation of the journal.

and

Finally, respected authors, we hope that
together we can achieve the goal of mutual
satisfaction and benefit. Let that from the first
number in 2014, the quality, expertise and
value of the authors articles will be the main
feature of the journal Technical Diagnostics.

Sincerely,
Ph. D. Dusan Sotra,

Editor of the Journal Technical Diagnostics

Rec urednika

PoStovani ¢itaoci,

Casopis Tehnicka dijagnostika ove godine Zeli
da dostigne visi stepen kategorizacije nau¢nog
Casopisa, zato c¢emo ubuduce objavljivati
iskljuivo recenzirane radove na engleskom i
srpskom jeziku.

Postovani ¢itaoci ¢asopisa Tehnicka
dijagnostika, od prvog broja ove godine uveli
smo novinu da nam autori daju saglasnost za
objavljivanje rada. Time Zelimo da izbegnemo
nesporazume i sve druge nefasne radnje koje
su radene u proslosti, a kojima su krSena
autorska prava. Ozbiljnost redakcije ne
dozvoljava naruSavanje ugleda ¢asopisa.

Na kraju, poStovani autori, nadamo se, da
zajedno moZemo ostvariti cilj na obostrano
zadovoljstvo i korist. Neka od prvog broja u
2014. bude kvalitet, stru¢nost i vrednost
prilozenih radova odlika casopisa Tehnicka
dijagnostika.

S postovanjem,
Prof. dr Du$an Sotra,
Glavni i odgovorni urednik

Casopisa Tehnicka dijagnostika



UPUTSTVO AUTORIMA

GUIDE TO AUTHORS

Casopis TEHNICK A DIJAGNOSTIKA objavijuje
originalne naucne, pregledne radove i kratka
saopStenja iz oblasti tehnicke dijagnostike.

Rad dostaviien za objavilivanje reba pisati na
enigleskom jeziku. Obim rukopisa je ogranien na
maksimalno  petnaeset  dvokolonskih = stranica
formata A4, ukliutuiudl slike, tabele, reference | dr
Za kuvanie rada koristit font Times New Roman,

Na stranicaina rukopisa margine dreba da budu
gornia i donla po 2.5 em. leva 2.5 1 desna 2 em,
Rukopis 'se obraduje u dve kolone razmaknute 5
mm. Rad kueati sa provedom | velicinom fonta L1

Na sredini prve stranice rukopisa napisatl naslov
rada na engleskom jeziku velikim masnim (bold)
slovima velidine 14. Ispod naslova ispisati imena
autora koia se numerisu brolevima, korietith masna
{bokd) slova velicine fonta 12, lspod imena autota
navode se adrese adtora odns onazivi niihovih
institueila, kinzivom diadic), vellCina fonta 11

Pasle sledi rezime rada do 250 reci na envleskom
Jeziku pisan hurzivom qilalic). Rezime tadd dati na
rastojanju 15 mm od imena autora. lza rezimea daju
se kljucne redi, maksimalno do osam reci, odvojene
zarezima, pisane kurzivom (ialic),

Podnaslovi se  kucaju  velikim masnim (bold)
slovima velitine 11 Matematick izeasi se pisy
koriscenjem Dqguation Editora sa numeracijom Uz
desnu iview. U slucaiu potrebe, duzi matematickl
izrazi, mogu se pisati preko obe kolone. Slike,
fotogratije, grafike 1 crteZe Gklopiti b tekst lmnad
tabele treba da stoll njerybrob | naziv pisan kurzivom
fltalic), kao 1 ispod slike it fotogratie. Posledniu
straniels rada ve treba yavriavati nd nocethn stianice
Ako poslednia stranica rukopisa nije popunjena,
kolone na {0 stranici freba svestl na istu duzinu,

Spisak literature treba dati da kraju rada. Literatura
se u teksty o mavedi oo owplastim zasradama. po
redosledu citiranja, npr. [1]; [1,6.8] ili [1-3].

Radovi se dostavijaju Urednistvu
infoirvisekarchnickaedus

slobodin milosevicdlvisakatehnicka edu s

na o omejl

Uz rad dostaviti | fotoprafije autora,

Molimo autore da se pridrzavait datih uputsiava t da

sredene radove salju redakeiji Casopisa na adresu:
Visoka tehnicka Skola (za Tehni¢ku dijagnostiku)
Bul. Zorana Dindica 1523 11070 Novi Beograd Tel:
011/267 15 00; Mob: 060/ 547 89 28

The Joumal of TECHNICAL DIAGN
publishes orlvinal selentific papers. review o

and - short communication: papers.  conissine
technical diagnostics,

Submitted paper should be written 10 Enolisl 00
lenght of a manuscript is limited to ten two-col
papges (A4 size papery including Duures
references, elc. The paper should be wriiten o
the Times New Roman font, '

The margins should be: top, boltom, Iell &5 o ane
pight 2 ¢m. The distance between ihe columis
should be 5 mim. The manuscript shiould be tiped
with fontsive 11 and single spacing

The title of the paper should be centered at the first
page of the mianuscript and printed in bold letters
size 12 points The names of the autor(s) should be
written below the title, in 12 point letters, bold
Addresses of authors, { e their institutions, should be

written in Line below their names, in 11 point [etters,
ialic. '

‘The sutnmaty of the mahuscript should be up to 250
words written in jledic and it shoud be at 15 mm
distance from the namels) of author(s) Summary
should be tollowed by the koy words (8 maximum),
split by commas, iralic,

"The subtitles of the papet should be typed i the 11
point bold small letters. Mathematical equations,
prepared by BEquation Editor. should be numbered by

the ripht margin. Longer mathematical expressions
¢an be spread on two columns, Hlustrations (tables,
figures, photographs. etc.) must be inserted into the
text. Tables should be marked with respective
number and title in italics which puust be placed
above them, and below the Houres and phetaoranhe
If the last page of paper is not completed, the two

columnas on that pase should be reduced to the same
tenght, -

Literature should be submitted on the end of the
paper and literature should be nut in souare brackets

imorderofcitation e L EE 6 ST 31

Fhe paners should be addroised 1o the Bditorial stalf
atiniovbsokatichnickacsdu s

sdobadan nulosevicievisolaichnicka ey g

We kindly advise authors 1o keep within given
instructions and send finished papers to: Visoka
tehnitka skola (za Tehnicku dijaenostikig. Bul
Zorana Bindica 152a 11070 Kovi Beoerad. Tel:
011/267 15 00; Mob: 060 54 80 28




